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a b s t r a c t
We determine constraints on the ice shell and ocean of Enceladus from the observed libration at orbital
period by assessing the effects of uncertainties in the size, density, rigidity, and viscosity of the internal
layers and of the non-hydrostatic structure on the libration. The observed libration amplitude implies
that the average thickness of the ice shell is between 14 km and 26 km and that the ocean is 21 km to
67 km thick.
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1. Introduction

the libration amplitude of 0.120 ± 0.014 degree (2σ ) is too small
for diurnal libration to play an important role in the variation in
tidal stress needed to explain the plume variability (Nimmo et al.,
2014b), it provides unique direct insight into the interior structure through the sensitivity of libration to the existence and certain characteristics of a liquid global internal layer. Thomas et al.
(2016) showed that the libration amplitude proves the existence of
a global ocean beneath an icy surface.
Here we perform an extended study of the diurnal librations of
Enceladus in order to determine the best constraints on ice shell
and ocean, in particular on the mean thickness of the ice shell.
We study the effect of the rigidity and visco-elastic behavior of
the ice shell on the librations and assess the uncertainty they introduce in the interpretation of the libration amplitude in terms of
the depth to the ocean. We ﬁrst use an approach in which Enceladus is considered to be in hydrostatic equilibrium. Next, we use
the observed topography and gravitational ﬁeld of Enceladus to develop non-hydrostatic models of the interior structure. Two different end-member assumptions are considered for the shape of
the interfaces between the core, the ocean and the ice shell. By
means of those models, we then investigate the librations for nonhydrostatic models of Enceladus that are consistent with gravity
and topography data (Iess et al., 2014; Nimmo et al., 2011). We
show that although many uncertainties remain about Enceladus’
interior structure, the mean thickness of the ice shell can be well
constrained by the libration amplitude.

The gravitational force exerted by Saturn on Enceladus raises
tides that are thought to be responsible for the observed geyser
activity at the south pole of Enceladus (Porco, 2006; Spencer
et al., 2006). Although the precise cause and mechanism of cryovolcanism is not well understood, the variation of the plume intensity and its correlation with the orbital position of Enceladus
is strongly indicative of a tidal mechanism driving the geysers
(Hedman et al., 2013; Hurford et al., 2007; Porco et al., 2014). The
detection of sodium-salt-rich ice grains emitted from the plume
suggests that the plume is connected to a subsurface salty water
reservoir in contact with silicate rocks (Hsu et al., 2015; Postberg
et al., 2009; 2011). The subsurface ocean might exist only beneath
the region of activity near to the south polar region (Tobie et al.,
2008), although recent gravity and topography data cannot distinguish between a local and a global subsurface ocean (Iess et al.,
2014; McKinnon, 2015).
The gravitational interaction with Saturn also periodically
changes the rotation of Enceladus, which might be co-responsible
for the observed variations in plume activity (Nimmo et al., 2014a).
The diurnal librations of Enceladus, representing the variations at
orbital period in the rotation angle with respect to the steady
change for a constant rotation rate, have recently been accurately
determined by a detailed analysis of images of Enceladus taken
by the Cassini imaging system (Thomas et al., 2016). Although
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The gravitational torque of Saturn exerted on Enceladus forces
the rotation of Enceladus to vary slightly during the orbital motion.
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Since Enceladus is likely in a 1:1 spin-orbit resonance, the torque
will have periods commensurate with the orbital period, which is
equal to the rotation period of Enceladus, and will force librations
with the same periods. In addition, Enceladus has librations with
longer periods related to the variations in the torque associated
with periodic perturbations of the orbit of Enceladus due to Dione.
The two main long-period librations have periods of about 4 and
11 years (Rambaux et al., 2010). Since the observations of Thomas
et al. (2016) have a period equal to the orbital period, we neglect
those long-period librations here.
The polar gravitational torque leading to variations in the rotation rate can be expressed in terms of the external gravitational
ﬁeld coeﬃcients of Enceladus (e.g. Dehant and Mathews, 2015),
which have been determined up to degree 3 by Iess et al. (2014).
Six gravitational coeﬃcients have been estimated, all ﬁve of degree two (J2 , C21 , S21 , C22 , S22 ) and the zonal component of degree three (J3 ), but only the torque on C22 needs to be taken into
account.The polar torque does not depend on the zonal gravitational coeﬃcients because of the geometric symmetry of the zonal
harmonics with respect to the polar axis. The contributions of the
tesseral coeﬃcients to the polar torque can be neglected since they
are approximately proportional to the very small obliquity of Enceladus. The obliquity is not known, but theoretical calculations predict values below 10−5 radians (Baland et al., 2014). The S22 sectorial coeﬃcient is about 70 times smaller than the C22 coeﬃcient
(Iess et al., 2014), and its contribution to the gravitational torque is
therefore also neglected.
The torque forces libration at the orbital period and at the subharmonic periods of it. The latter will also be neglected as the
torque at the nth subharmonic is smaller than that at orbital period by a factor en (e.g. Van Hoolst et al., 2008), where e = 0.0047
is the orbital eccentricity (Thomas et al., 2016). We introduce the
libration angle γ = φ − M, where φ is the rotation angle of Enceladus and M the mean anomaly. When the libration at orbital period of 1.37 days is written as γ = g sin(M + π ), the libration amplitude gsolid for an entirely solid and elastic Enceladus can be expressed as

gsolid

B˜ − A˜ en2
B˜ − A˜
=6
≈ 6e
,
2
2
C˜ n − ω
C˜

(1)

f

where ωf is the frequency of the free libration



ωf = n

3 ( B − A ) k f − k2
kf
C˜

(2)

and
B˜ = B(k f − 5k2 /6 )/k f ,
A˜ = A(k f − 5k2 /6 )/k f
and
C˜ =
C + 4k2 n2 R5 /(9G ) (Van Hoolst et al., 2013). Here A < B are
the equatorial principal moments of inertia, C the polar principal
moment of inertia, R = 252.1 km the radius and G the universal
gravitational constant. The mean motion of Enceladus’ orbit is
denoted by n, k2 is the classical potential Love number, and kf
the ﬂuid Love number. The libration amplitude of the forced
libration at orbital period depends on a free frequency, similarly to
a harmonic oscillator, but we assume that the free libration mode
is damped as the damping timescale is extremely short compared
to the age of the Solar System (see, e.g. Tiscareno et al., 2009).
For the numerical evaluation, we use the degree-two, order-two
gravitational coeﬃcient C22 = (B − A )/(4ME R2 ) = (1549.8 ± 15.6 ) ×
10−6 , with mass ME = 1.0794 × 1020 kg, and the estimate of the
mean moment of inertia I = (A + B + C )/3 = (0.335 ± 0.005 )MR2 (2
sigma) derived from Radau’s equation and the degree-two gravity
ﬁeld of Enceladus (Iess et al., 2014). For an entirely solid Enceladus, k2 is small and approximately 1.5 × 10−4 depending somewhat on the density and rigidity proﬁle (Baland et al., 2016), and
k f = (B − A )/(qME R2 ) ≈ 0.989 with q = (n2 R3 )/(GME ) the ratio of
the centrifugal acceleration to the gravitational acceleration. The

free libration period is then 5.81 days (5.77 days for a homogeneous model, Thomas et al., 2016), far enough from the forcing
period of 1.37 days for the approximation in Eq. (1) to be valid.
Elasticity, which has been included here, lengthens the free period
by less than 0.01% since the tides of a solid Enceladus are very
small with a radial tidal displacement of the order of a centimeter. A local subsurface ocean will be able to increase the tides, at
least locally, but cannot substantially change the free libration period since the shell librates together with the deeper solid interior.
The libration amplitude for a solid and elastic Enceladus is
about 132 m at the equator, four times smaller than the observed value of (528 ± 62) m (Thomas et al., 2016). Thomas et al.
(2016) argued that the incompatibility of the observation with the
libration amplitude of a solid and rigid Enceladus is evidence of a
subsurface ocean. Elasticity does not change that conclusion since
elasticity decreases the libration amplitude (by less than a meter).
Any larger elasticity (smaller rigidity) than assumed here, for example for a porous core as suggested by Hsu et al. (2015), would
imply an even smaller libration amplitude and a stronger inconsistency with the observations. Visco-elastic behavior of the ice
would also drain energy from libration to deformation and dissipation and will further reduce the libration amplitude.
We conclude that a partially decoupling layer must exist, which
allows for differential rotation between different layers of the
satellite. Since measurements of the plume composition demonstrate that the water has been in contact with rocks (Postberg
et al., 2011), libration strongly suggests that Enceladus is composed
of a solid icy outer shell on top of a liquid ocean mainly composed
of water that is in contact with a solid core containing silicates in
its top layers. A detailed study of the libration of Enceladus with
an ocean is presented in the next section.
3. libration with a global subsurface ocean
3.1. Libration model
In order to assess the effect of various interior structure parameters, such as the thickness of the ice shell, on the libration amplitude, and to constrain some of these parameters based on the
observed libration, we construct a large set of interior structure
models of Enceladus with a global subsurface ocean for which we
calculate the libration. All models satisfy the total mass ME and radius R and have a mean moment of inertia I/(ME R2 ) between 0.325
and 0.345, covering the moment of inertia estimate of Iess et al.
(2014) within the two sigma precision ([0.33, 0.34]) and the range
[0.328, 0.333] obtained by McKinnon (2015). The ranges of values
considered for the radii and densities of the core, ocean and ice
shell are given in Table 1. We choose the density of the ice shell
to be in the interval [90 0, 10 0 0] kg/m3 . This range is somewhat
larger than the range of [900, 950] kg/m3 , often considered for
pure ice including some degree of porosity in studies of the ice
shells of icy satellites (e.g. Nimmo et al., 2014a), to include also
the effect of the presence of contaminants. For the ocean, we consider a density range of [950,1100] kg/m3 to include a wide range
of salinity values and temperatures. We refer to Sharqawy et al.
(2010) for seawater densities on Earth and the online density table at web.mit.edu/seawater/ where water density values are given
between 943.1 kg/m3 and 1096.2 kg/m3 for temperatures between
0 and 120 °C, atmospheric pressure, and salinities between 0 and
120 g/kg.
The reference models of the interior structure of Enceladus are
spherically symmetric. To be able to study the libration, we calculate the degree-two shape of the three interfaces (surface, interface between the ocean and the ice shell, and interface between
the core and the ocean). As explained above, libration only depends on the degree-two shape and we therefore consider that the
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Table 1
Ranges of values of the parameters of the interior structure of Enceladus for models that satisfy the observed libration amplitude for different modeling
hypotheses: rigid models in hydrostatic equilibrium (HE), elastic models in hydrostatic equilibrium with shell rigidity in the range [109 , 5 × 109 ] Pa, elastic
non-hydrostatic models with compensation at the ocean-shell interface, and elastic non-hydrostatic models with compensation at the core-ocean interface.
The mean thickness of the shell hs and ocean ho and the mean radius of the core rc are given in km, the densities in kg m−3 . The initial sampling is given
in the last column. The sampling interval is 25 kg m−3 for the shell and ocean density, 1 km for shell thickness and 5 km for core radius. For the nonhydrostatic case with a non-equipotential ocean-shell interface, the density of the ocean is at the high end since the density difference must be suﬃciently
large in order to explain the gravity data. The libration amplitudes are calculated by solving Eqs. (45) and (46) of Van Hoolst et al. (2013).
Quantity

Rigid HE

Elastic HE

Non-HE ocean

Non-HE core

Sampling

hs
ho
rc

[16, 24]
[23, 65]
[170, 205]
[90 0, 10 0 0]
[950, 1100]
[2158, 2829]
[0, 200]

[14, 24]
[24, 67]
[170, 205]
[90 0, 10 0 0]
[950, 1100]
[2158, 2829]
[0, 200]

[14, 24]
[29, 66]
[170, 205]
[90 0, 10 0 0]
[975, 1100]
[2166, 2829]
[75, 200]

[18, 26]
[21, 63]
[170, 205]
[90 0, 10 0 0]
[950, 1100]
[2158, 2829]
[0, 200]

[5, 72]
[1, 82]
[165, 205]
[90 0, 10 0 0]
[950, 1100]
[2156, 2946]
[0, 200]

ρs
ρo
ρc
ρo − ρs

interfaces can be described by triaxial ellipsoids. The radial distance ri (θ , φ ) of a point on interface i with co-latitude θ and longitude φ can be expressed as



ri (θ , φ ) = ri0 1 −



2
1
αi P2 (cos θ ) + βi P22 (cos θ ) cos 2φ ,
3
6

(3)

where ri0 = ai (1 − αi /3 − βi /2 ) is the mean radius of interface i
given by the spherically symmetric reference model, αi = [(ai +
bi )/2 − ci ]/[(ai + bi )/2] is the polar ﬂattening and βi = (ai − bi )/ai
the equatorial ﬂattening. Here, ai , bi , and ci are the semi-major
axes of the ellipsoid and P2 (cos θ ) and P22 (cos θ ) are the associated Legendre functions. The interface of the core is denoted by c
for core, the interface between the ocean and the shell by o for
ocean, and the outer surface by s for shell. We use different assumptions to calculate the ﬂattenings. First, in Sections 3.1 and 3.2,
we consider that Enceladus is in hydrostatic equilibrium and calculate the polar and equatorial ﬂattening of the interfaces by solving Clairaut’s equation for the synchronously rotating satellite (see
e.g. Hubbard et al., 1984; Moritz, 1990; Van Hoolst et al., 2008).
Second, we use the topography and gravity data (Iess et al., 2014;
Nimmo et al., 2011; Thomas et al., 2016) at degree two to calculate the non-hydrostatic ﬂattenings of the interfaces for two different assumptions on the compensation mechanism (Section 3.3).
The ﬂattening values are shown in Fig. 1.
For large icy satellites such as Titan and the Galilean icy satellites, the libration amplitude of the shell gs can be well approximated by

gs ≈

4eK3
n2Cs

(4)

(Van Hoolst et al., 2013). Here Cs is the polar moment of inertia of
the shell and K3 is the effective strength of the total diurnal forcing
torque exerted on the shell. It essentially consists of the sum of the
gravitational torque exerted by Saturn and of the associated pressure torque exerted by the ocean, both on the static shape of the
shell of Enceladus and the tidal bulge of the shell (see Van Hoolst
et al., 2013 for explicit expressions), other terms contributing about
1% or less (for models with a shell thickness above 15 km).
For the models of the interior structure of Enceladus considered
here and for a ﬂattening proﬁle consistent with hydrostatic equilibrium, the shell has a considerably smaller moment of inertia than
the entire satellite, between 6% and 63% of the total moment of
inertia for shells with increasing thickness from 5 km to 72 km.
The total torque on the shell is between 61% and 79% of the total torque on the entire satellite. The relative reduction in the total
torque on the shell with respect to the torque on the entire satellite is therefore much less than the relative reduction in the polar
moment of inertia of the shell with respect to that of the entire
satellite, in particular for thin shells. As a result, the comparison
of Eqs. (1) and (4) shows that the libration of the shell above a

global ocean is larger than the libration if Enceladus were not to
have a global decoupling ocean. We note that in sharp contrast to
the large icy satellites for which tidal deformation can reduce the
planet torque on the shell by up to one order of magnitude for
thin shells, the torques related to the tidal deformation of Enceladus decrease the total torque on the shell with respect to a rigid
satellite by 11% at most for the models with the thinnest shell as a
result of the much smaller tidal deformation. For a shell thickness
of 20 km, the reduction is at most 3%.
The libration amplitude is further increased by a resonance
with a free mode, in particular for thin shells. Two free libration
modes exist for a satellite with a global subsurface ocean: (1) an
in-phase libration of the solid core and shell, (2) an out-of-phase
libration (Van Hoolst et al., 2013). The period of the ﬁrst mode is
close to that for an entirely solid satellite since the ocean is thin
(Fig. 2), justifying neglecting the square of this free frequency with
respect to n2 , as done in Eq. (4). The period of the second mode
decreases from about 4.7 days to about 1.5 days, close to the orbital forcing period, for shell thicknesses decreasing from 72 km to
5 km (Fig. 2). We therefore extend approximation (4) for the libration amplitude to

gs ≈

4eK3
.
Cs (n2 − K1 /Cs )

(5)

Here, the square of the second free frequency is approximated by
K1 /Cs , as follows from Eq. (64) of Van Hoolst et al. (2013), see also
their Eq. (47) for the deﬁnition of the coupling strength K1 . The
ratio of K1 /Cs to n2 increases from 0.08 to 0.78 for shell thickness
decreasing from 72 km to 5 km, showing that the amplitude of
libration can increase by a factor of up to 4 for the thinnest shells
as a result of the resonance with the second free mode.
In Fig. 2, the libration amplitude is represented for all interior
structure models of Enceladus. The libration amplitude strongly
depends on the thickness of the ice shell. For a shell rigidity of
3.3 × 109 Pa (Shoji et al., 2013), only models with a mean shell
thickness in the range [16,23] km are consistent with the observed libration amplitude at the equatorial surface of Enceladus
of [466, 590] m (2σ uncertainty of Thomas et al., 2016), see Fig. 2.
Thomas et al. (2016) concluded that the ice shell must be on average between 21 km and 26 km thick based on the libration
model of Van Hoolst et al. (2009) for rigid solid layers, about 4 km
thicker than our result. The difference is not due to elasticity, since
the range for rigid solid layers is extended by only 1 km to [16,
24] km, but mainly due to the different sampling of the interior
structure models. If the ocean would have a high salinity (ρ o >
1100 kg/m−3 and up to ρo = 1200 kg/m−3 ) due to exchange with
the underlying core or if the shell would have a high porosity
(850 kg/m−3 < ρs < 900 kg/m−3 ), the thickness of the shell could
be up to 26 km, a value corresponding to the upper limit given by
Thomas et al. (2016), who consider very low densities of the ice
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Fig. 1. Equatorial ﬂattenings of the surface (top), ocean-shell interface (middle) and core (bottom) for the interior structure models of Enceladus as a function of the shell
thickness. Three cases are considered: hydrostatic equilibrium (in grey), a non-equipotential ocean-shell interface (left), and a non-equipotential core-ocean interface (right).
The scale of the vertical axes is not always the same. (For interpretation of the references to color in this ﬁgure legend, the reader is referred to the web version of this
article.)

shell. The lower limit we obtain for the mean thickness of the ice
shell is also due to our wider sampling in which we also consider
small density differences between the ocean and the shell. We note
that the surface ﬂattenings in Thomas et al. (2016) correspond to
those of the observed topography, and are therefore not hydrostatic. Since the ﬂattenings of the internal interfaces depend on the
non-hydrostatic surface ﬂattenings in the calculation of Thomas
et al. (2016) (see their Eqs. (15) and (16)), the internal ﬂattenings
cannot be truly hydrostatic ﬂattenings. By convention, hydrostatic
ﬂattenings describe the degree-two shape of equipotential surfaces
related to self-gravity, the centrifugal potential and the static tidal
potential (Hubbard et al., 1984; Moritz, 1990). As such they cannot depend on non-hydrostatic surface ﬂattenings. Since the observed equatorial surface ﬂattening of Thomas et al. (2016) (βs =
0.0187 ± 0.0 0 07) almost overlaps the range [0.0178, 0.0191] of hydrostatic ﬂattenings for our set of interior structure models, the
effect on the ice shell thickness is nevertheless below 1 km.
Because of the different ﬂattenings of the surface and the interface between the ocean and ice shell, the thickness of the ice
shell is variable. Fig. 3 shows the ice shell thickness as a function

of co-latitude and longitude for a model with a mean shell thickness of 20 km that satisﬁes the observed libration amplitude. Since
we here consider hydrostatic equilibrium and the shell is thin, the
ﬂattenings of the surface and of the interface between the ocean
and the shell are very similar (see Fig. 1). As a result, the variations in the shell thickness are small and less than 1 km (Fig. 3).
This may seem surprising since both the activity and the gravity
and topography data indicate that the shell is much thinner at the
south pole than elsewhere. We will show in Section 3.3. that much
larger variations in the shell thickness and a much thinner shell at
the south pole is possible when we relax the assumption of hydrostatic equilibrium and take into account the gravity and topography data.
3.2. Effect of ice rigidity and viscosity
In Fig. 2, the rigidity of the ice shell is ﬁxed to 3.3 × 109 Pa,
close to the value of Helgerud (2009) at zero pressure and zero degree Celsius, and the rigidity of the core is taken to be 50 × 109 Pa.
The rigidity of the core has a negligible effect on the libration due
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Fig. 2. Amplitude of libration of the ice shell and periods of the two free libration
modes as a function of shell thickness. Shell rigidity is 3.3 × 109 Pa and the rigidity
of the core is 50 × 109 Pa. We here assume that the shape of the interfaces between the different layers is determined from the reaction of a hydrostatic satellite
to the centrifugal and static tidal potentials. The amplitude calculated with the approximated solution (4) differs from the amplitude represented here and obtained
by solving the full set of equations governing libration as determined in Van Hoolst
et al. (2013) by less than 0.9%. The period of the in-phase mode has a nearly constant value close to that for an entirely solid Enceladus (5.81 days). For shell thicknesses decreasing from 72 km to 5 km, the period of the out-of-phase mode period
decreases from about 4.7 days to about 1.5 days, close to the orbital forcing period
of 1.37 days (red line), allowing a resonant ampliﬁcation of the libration amplitude
which increases with decreasing shell thickness. For thick ice shells, the libration
amplitude is close to the libration of a solid Enceladus (132 m). Only models with a
shell thickness in the range [16, 23] km are consistent with the observed libration
amplitude at the equatorial surface of Enceladus of [466, 590] m (blue region). The
yellow marker (•) denotes the model used in Figs. 3 and 4, which has a mean shell
thickness of 20 km. Models for non-hydrostatic shapes and other shell rigidity and
viscosity values show a qualitatively similar dependence on the mean thickness of
the ice shell. (For interpretation of the references to color in this ﬁgure legend, the
reader is referred to the web version of this article.)

to the much smaller tidal displacement of the core below the subsurface ocean than of the ice shell. Here we consider nominal shell
ice rigidity values between 109 Pa and 5 × 109 Pa. Lower values
for the rigidity are not impossible but require substantial porosity
of the ice (e.g. Wahr et al., 2006). The libration amplitude increases
by about 10 % (50 m) over this range (Fig. 4), from low to high ice
rigidity. For rigidity values within the nominal range the thickness
estimate of the ice shell only marginally changes to [14, 24] km
(Table 1). Shell rigidities below 108 Pa are not consistent with the
observed libration amplitude since the predicted amplitude for all
models is then below the lowest limit of the observations (shells
thinner than 5 km would be required to resonantly increase the
amplitude to the observed range).
Viscosity of the ice reduces the libration amplitude (JaraOrué and Vermeersen, 2014). We extend the libration model of
Van Hoolst et al. (2013) to include visco-elastic deformation by calculating the tidal deformation and Love numbers for a visco-elastic
rheology. We describe the complex, frequency-dependent rigidity
μs of the shell for a Maxwell model by

μs ( n ) = i

nμη
,
μ + inη

(6)

where i is the imaginary number, μ the real rigidity of the ice
shell, and η the ice viscosity (e.g. Tobie et al., 2005; Vermeersen
and Sabadini, 2004). Since viscosity strongly depends on temperature, we take a larger viscosity (larger than 1015 Pa s) for the cold
top layer than for the hotter bottom layer of the ice shell (total
temperature difference of about 180 K). We assume that the bottom half of the ice is convecting and has a nearly constant temperature, whereas in the top half heat is transported by conduction.
The bottom ice is considered to have a viscosity close to the melt-

Fig. 3. Map of the local thickness of the ice shell for hydrostatic equilibrium (top),
a non-equipotential ocean-shell interface (middle), and a non-equipotential coreocean interface (bottom) for an interior structure model of Enceladus with shell
thickness of 20 km, shell density of 925 kg m−3 , ocean density of 1050 kg m−3 , and
core radius of 190 km, shown in Fig. 2 by a yellow marker (•). (For interpretation
of the references to color in this ﬁgure legend, the reader is referred to the web
version of this article.)

ing point viscosity between 1013 Pa s and 1015 Pa s (value depending on the grain size, Sotin et al., 2009). The libration amplitude
does not depend on the exact value of the top viscosity because
the top ice behaves elastically for the Maxwell model considered.
The Maxwell timescale, separating elastic from ﬂuid behavior, corresponds to the libration period for a viscosity of 3.9 × 1014 Pa s
for the nominal rigidity value. The libration amplitude is almost
constant for bottom viscosities between 1014 Pa s and 1015 Pa s,
decreases due to more ﬂuid-like behavior with decreasing bottom
viscosity between 1014 Pa s and 1013 Pa s and is almost constant
for viscosities smaller than 1013 Pa s (Fig. 4). The variation in libration amplitude is less than 20 m over the nominal viscosity range
considered, well below the observational precision of Thomas et al.
(2016). We conclude that the uncertainty in the ice viscosity does
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through shell thickness variations, we have

Log(ice shell viscosity/(Pa s))
12.0
550

12.5

13.0

13.5

14.0

14.5

15.0

libration amplitude [m]

500
450
400

2
5
8π G 
αc rc0 gc = n2 (rc0 )2 +
αs ρs + αo (ρo − ρs )
3
6
15
 0 2
+ αc (ρc − ρo ) (rc ) ,

(7)

1
1
2π G
βc rc0 gc = n2 (rc0 )2 +
[βs ρs + βo (ρo − ρs )
6
4
15
+ βc (ρc − ρo )](rc0 )2 ,

(8)

where gc is the local gravity at the core interface, and

350

C20 = −



+ ρo ((ro0 )5 αo − (rc0 )5 αc ) + ρc (rc0 )5 αc ,
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250
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1 8π 
ρs (R5 αs − (ro0 )5 αo )
ME R2 15
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C22 =



2
5
8π G
2
αoro0 go = n2 (ro0 ) +
[αs ρs + αo (ρo − ρs )](rc0 )2
3
6
15


(rc0 )5
,
3
(ro0 )

1
1 2 0 2 2π G
0
βoro go = n (ro ) +
[βs ρs + βo (ρo − ρs )](rc0 )2
6

4

15

+ βc (ρc − ρo )
3.3. Effect of non-hydrostatic structure
Measurements of the gravity ﬁeld and topography of Enceladus
by the Cassini spacecraft during close ﬂybys show that Enceladus
deviates from hydrostatic equilibrium. The second-degree gravity coeﬃcients (C22 and J2 = (5435.2 ± 34.9 ) × 10−6 ) yield a ratio
J2 /C22 = 3.51 ± 0.05 (Iess et al., 2014) that is signiﬁcantly larger
than the value of about 3.25 expected for a hydrostatic Enceladus
rotating at its current rotation speed (McKinnon, 2015). Also the
ellipsoidal shape of Enceladus as derived from limb proﬁles is incompatible with hydrostatic equilibrium (Nimmo et al., 2011).
A non-hydrostatic shape of the outer surface affects the libration of Enceladus by changing the principal moments of inertia of
the ice shell and therefore also the torques exerted on the shell. In
addition to a non-hydrostatic shape of the surface, also the other
interfaces (core-ocean and ocean-shell) can be of a non-hydrostatic
shape, further modifying the libration. We assume here that the
density within each layer is homogeneous. The observed gravity
coeﬃcients J2 and C22 can then only be explained by assuming
that at least one of the internal interfaces has a non-hydrostatic
shape. We here consider two extreme cases: either (1) we explain
the degree-two gravity coeﬃcients by assuming that the bottom
of the ice shell is not an equipotential surface or (2) we assume
that the interface between the core and the ocean does not correspond to an equipotential surface. The other surface is assumed to
be an equipotential surface of the self-gravitational potential, the
centrifugal potential and the static tidal potential. We determine
the equatorial and polar ﬂattenings of both surfaces by solving
four equations. Two equations express that one interface is equipotential in its degree-two, order-zero and its degree-two, order-two
components, the other two equations express that the degree-two,
order-zero and the degree-two, order-two gravity coeﬃcients are
equal to their observed values. In the ﬁrst case of compensation

(10)

(see also Baland et al., 2014). For the second case in which we assume that the core-ocean interface is not an equipotential surface,
we calculate the ﬂattenings by solving Eqs. (11) and (12) together
with

+ αc (ρc − ρo )

not affect the interpretation of the libration amplitude in terms of
the shell thickness at the level of precision of the observations.



+ ρo ((ro0 )5 βo − (rc0 )5 βc ) + ρc (rc0 )5 βc ,

Log(ice shell rigidity/Pa)
Fig. 4. Amplitude of libration as a function of shell rigidity (blue) and bottom shell
viscosity (red) for an interior structure model of Enceladus with shell thickness of
20 km, shell density of 925 kg m−3 , ocean density of 1050 kg m−3 , and core radius of 190 km, shown in Fig. 2 by a yellow marker (•) Viscosity is neglected for
the study of the dependence on shell rigidity and rigidity is set to 3.3 GPa for the
study of the dependence on shell viscosity. Only bottom shell viscosity is varied,
top viscosity is set to 1015 Pa s. Thick lines indicate results for nominal values of
rigidity and bottom ice viscosity. (For interpretation of the references to color in
this ﬁgure legend, the reader is referred to the web version of this article.)
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where go is the local gravity at the ocean-shell interface. The
degree-two shape of the surface is taken from Nimmo et al. (2011).
These models are therefore compatible with both the observed
long wavelength topography and the degree-two gravity. We also
considered the degree-two shape of Thomas et al. (2016), but only
quote here the results obtained for the values of Nimmo et al.
(2011) since those differ more from hydrostatic equilibrium than
the values of Thomas et al. (2016).
We adapt the libration model of Van Hoolst et al. (2013) developed for hydrostatic equilibrium to non-hydrostatic interiors by
replacing the ﬂattenings by their non-hydrostatic values in all the
equations. We only retain models for which the shell (ocean) thickness in any direction is at least 2.5 km (1 km). In case (1), the
non-hydrostatic structure almost does not change the estimate of
the thickness of the ice shell (Table 1) although the libration amplitude of individual models that satisfy the observed libration amplitude can be up to 160 m smaller with respect to the corresponding models in hydrostatic equilibrium for nominal ice rigidity values. The assumption of a non-equipotential core boundary shifts
the interval of possible ice shell thicknesses compatible with the
observed libration amplitude to larger values of [18, 26] km. The
libration amplitude of the individual models is between 49 m and
129 m larger with respect to the hydrostatic models.
Fig. 3 shows the large effect of the non-hydrostatic models on
the local ice shell thickness. The results are illustrated for one interior structure model with a mean shell thickness of 20 km that
satisﬁes the observed libration amplitude. The south polar region is
only a few kilometer thick compared to thicknesses of over 30 km
in the equatorial regions when it is assumed that the interface
between the ocean and the shell is a non-equipotential surface.
Within this compensation model, the small density contrast between the shell and the ocean leads to pronounced variations in
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the position of the ocean-shell interface with an interface closer to
the surface at topographic lows such as the south pole region, as
can be seen from the negative sign of the equatorial ﬂattening of
the ocean-shell interface in Fig. 1 (see also Fig. 5 of the thickness
of the shell and ocean in McKinnon, 2015). The local thicknesses
shown in Fig. 3 are based on the degree-two shapes of the surface
and the ocean-shell interface. This implies that the north polar region has an equally thin shell. Higher-degree components of the
shape will affect these estimates, but have no inﬂuence on the libration amplitude (see Section 3.1). When the interface between
the core and the ocean is considered to be a non-equipotential
surface, the variations in the thickness of the ice shell are much
smaller because of the larger density contrast of the core with the
H2 O layer, and of the order of 3 km. Only for a non-equipotential
ocean-shell interface can the shell be below 10 km thick. For the
nominal range in ice shell rigidity ([1, 5] GPa), the thickness of the
shell at the south pole is then between 2.5 km and 17 km.
4. Discussion and conclusions
We conﬁrm and strengthen the results of Thomas et al.
(2016) that the observed libration amplitude at orbital period is evidence of a global subsurface ocean. The existence of a global ocean
has also been suggested on the basis of gravity and topography
data (McKinnon, 2015) and is also consistent with the observed orbital modulation of the plume brightness due to tides (Behounková
et al., 2015). Those studies predict an ice shell thickness of about
50 km or more and a thin ocean less than 20 km thick. The libration amplitude suggests the opposite: a thin shell with a thicker
ocean. Although the gravity and topography data are very useful,
and are also used in our analysis of the libration, it must be kept
in mind that their interpretation in terms of the thickness of the
shell is based on several uncertain assumptions. In the analyses of
Iess et al. (2014) and McKinnon (2015), Airy isostasy is assumed.
In such a model, the mass within any column of matter above the
compensation depth is considered to be the same and due to local thickening or thinning of the ice shell. Compensation, however,
can also be due to elastic and dynamic support (Wieczorek, 2015).
Depending on the physical origin of the mass anomalies, the shell
thickness may be strongly different from what is assumed within
the assumption of Airy isostasy. Note also that the lowest-degrees
two and three are used, for lack of higher degree gravitational data,
and those can be more strongly inﬂuenced by the deeper interior
than higher degrees.
Table 1 summarizes the mean thicknesses of the shell and
ocean for different modeling hypotheses and model parameter
ranges. The results show that the libration amplitude implies that
the ice shell (ocean) is between 14 km and 24 km (24 km and
67 km) thick for both hydrostatic models and models that satisfy the observed degree-two gravity and topography by a nonequipotential ocean-shell interface. If instead, topography and gravity would be due to a non-equipotential core boundary, the shell
(ocean) thickness is between 18 km and 26 km (21 km and
63 km). Other parameters of the interior structure are not constrained by the libration. The thickness of the shell at the south
pole is between 2.5 km and 17 km (16.4 km and 24.3 km) for the
non-hydrostatic models with non-equipotential ocean-shell (coreocean) interface. These thickness variations are based only on the
degree-two components of the shape of the surface and of the
ocean-shell interface.
Thicker shells could be possible for larger density contrasts between the ice and the ocean than considered here. For example,
for ocean densities up to 1200 kg/m3 , the upper limit for the mean
thickness of the ice shell increases by 3 km for the interior structure models in hydrostatic equilibrium with the reference value of
the rigidity of the ice shell. A lower-density ice shell also increases
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the mean shell thickness corresponding to the observed libration
amplitude since it increases the libration amplitude. For example,
for an extreme case with a shell porosity of about 50% (densities considered between 450 and 500 kg/m3 ), the mean thickness
of the shell can be up to 34 km for hydrostatic models. Such a
high porosity can decrease the rigidity by about an order of magnitude (Hessinger et al., 1996). Since a decrease in the shell rigidity
also decreases the libration amplitude (see Fig. 4) the mean shell
thickness corresponding to the observed libration amplitude will
be smaller than 34 km when we take into account this reduction
in ice rigidity. When we take a rigidity value of 0.33 GPa, the mean
thickness of the ice shell can be up to 31 km.
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